Introduction
Here we study the uniqueness of non-negative solutions to the boundary value problem -Au = A/(u) for xeft, u = 0 for x e dft, where A >0 and ft is a bounded region in R n with smooth boundary. We assume that /(0)>0 and that for some positive constant C and some ur d ( 
1.2)
for all u § 0. Our main result is: THEOREM 1.1. There exists A o such that for ASA 0 , the problem (l.l) x has a unique non-negative solution.
Our proof depends on the maximum principle for subharmonic functions and trace inequalities (see [1] ). Theorem 1.1 proves a conjecture raised in [4] where the result was proved when ft is a ball and d = 2.
Proof of Theorem 1.1
As is well documented (see [4] ), for each A > 0 , the problem ( l . l ) x has a minimal and a maximal positive solution. Let them be u x and u x respectively. Let 
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maximum principle, it follows that A/(0)z is a subsolution to (l.l) x and AMz is a supersolution to (l.l) x , where M = sup{/(f); teR}. Since, by Hopf's maximum principle, z is positive in O and the inward normal derivative of z at dfl is positive, there exists constants c x >0 and c 2 >0 such uiat
where s is the distance from x to dO. Suppose Theorem 1.1 is not true. Hence, there exists a sequence A n -»°° such that w Xii^0 . Let z n = w Xn /|w x J 22 , where 11 2 ,2 denotes the norm in H 2 ' 2 (H) (see [1] ). Let a > 0 be such that if x, y e dfl, £ and TJ are the unit outward normals at x and y respectively, then {x + s£; O g s i a } n { y + STJ; OSsS=a}=0 (see [5, p. 69] ). For 0 < | 8 S a , we set H 3 = n -{ x + s|; x Ean, 0^s ^f t | as above}.
(2.3)
Since the boundary of the n p 's is parallel to the boundary of il, by the Trace Theorem (see [1] ), there exists a constant c 3 such that where we have used the fact that |z n | 2 , 2 = 1. Hence, on combining (2.6), (2. 2), we have l + 3e/2<0 which contradicts the fact that |z n | 2>2 = 1 for all n, and the theorem is proved. It is easy to see that Theorem 1.1 can be extended to more general situations such as: (i) -A can be replaced by any elliptic operator satisfying the maximum principle, and (ii) f(u) can be replaced by f(x, u) with an adequate change in (1.2). with a >0, arises in the theory of combustion. It was proved in [3] that there is a range of A for which (3.1)^ has at least three non-negative solutions for large values of a. Our results prove that this range is bounded.
